The aim of the work is to analyse the mechanical behaviour of anisotropic porous alumina ceramics processed by freeze casting (ice templating). The freeze cast specimens were characterised by a lamellar structure with ellipsoidal pore shape, with a size ranging from 6 to 42 µm and 13 to 300 µm for the minor and major axes, respectively, as a function of the freezing rate and the powder and binder contents. The pore volume fraction ranged from 40 to 57%. SEM analysis of the porous structures after the compression test showed a typical deformation pattern caused by the porosity gradient through the specimen, as determined by X-ray radiography. The apparent elastic modulus of the anisotropic porous alumina ranged from 0.2 to 14 GPa and the compressive strength from 6 to 111 MPa, varying as a function of the process parameters which determine the pore network characteristics. The relationships between stress-strain behaviour in compression and the microstructure and texture were established. An analytical model based on a Gibson and Ashby relationship was used and adapted from SEM microstructural analysis after a mechanical test in order to predict the compressive strength of processed anisotropic alumina.
Introduction
Porous ceramics are used for different applications such as catalyst supports [1] , biocompatible scaffolds [2] , piezoelectric supports [3] , membranes [4] , thermal insulation devices [5] , electrodes for fuel cells [6] , preforms for processing ceramic/metal composites [7] and so on. Specific characteristics of the porous structure (pore size distribution, permeability, chemical stability, structure control) are required depending on the application. The porous structure can be isotropic or anisotropic according to the shaping process used [8] .
Freeze casting by ice templating has been used and developed for processing porous ceramics for more than forty years [9] . When an anisotropic freezing direction is applied, freeze casting consists of freezing a slurry of ceramic particles through a thermal gradient in order to create a unidirectional ice network [10] [11] [12] . During freezing, the ceramic particles are ejected above the ice crystals to form a stack of particles. After ice sublimation, a green body with an anisotropic porosity is obtained. One advantage of these anisotropic porous ceramics is their mechanical properties [13] [14] [15] . It has been shown that for similar porosity levels, freeze cast specimens have higher compressive strengths than isotropic porous ones [16] .
Most of the time, uniaxial compression strength is used to characterise the mechanical behaviour of freeze-cast specimens [17] [18] [19] , while some authors have applied simple analytical models for fitting the results [20, 21] . Only a few studies have been carried out on the relationships between structure and mechanical properties [22, 23] and they are mainly focused on the porosity level or the freeze casting parameters, without taking into account the overall characteristics of the specimen. Recently, it has been shown that an adequate way to predict the compressive strength of freeze cast specimens is to use the models developed by Gibson and Ashby [24] . Different Gibson and Ashby models such as closed, open, and honeycomb cells have been considered and it has been shown that the best description of the experimental results is given by the honeycomb out-of-plane model [25] .
This work aims at establishing the relation between the porosity and the compressive strength for freeze cast anisotropic porous alumina ceramics. In a previous work, it has been assumed that a porosity gradient through the specimen might impact the porous ceramic characteristics [26] . Indeed, a ceramic/metal composite processed from a freeze cast porous preform exhibits a variation of the thermal conductivity through the specimen height, which can be explained by a modification of the metal volume fraction induced by a porosity gradient. This characteristic was studied in this work and was linked with the strain behaviour of freeze cast specimens during compressive strength determination. An analytical model based on Gibson and Ashby, taking into account the macro and micro porosity, ref. [27] was used and adapted as a function of the characteristics of the deformation behaviour.
Materials and Methods
Alumina slurries with various powder and binder contents were prepared in deionized water with a small amount of ammonium polymethacrylate anionic dispersant (Dolapix CE64, from Zschimmer and Schwarz, Germany). Alumina powder (d50~0.4 µm, specific surface area = 8 m 2 ·g −1 , Rio Tinto Alcan, Brazil) contents ranging from 28 to 33 vol. % were used. These contents were below the breakthrough concentration, which is around 56 vol. % [28] . Slurries were ball milled for 24 h with alumina balls. After ball removing, polyethylene glycol (Mw = 1000 mol·g −1 , from Merck, Germany) was added (0 < wt. % < 6) as binder.
The mixed slurries were poured into a cylindrical TEFLON mould (30 mm inner diameter and 50 mm long) and placed on a freezing device. The mould was partially filled in order to avoid re-melting issues. Slow cooling rates of 1 • C·min −1 or 5 • C·min −1 were used with this device. A schematic illustration of the equipment is shown in Figure 1 . For the rapid cooling rate of 20 • C·min −1 , a classic device [29, 30] was used with liquid nitrogen as cooling liquid. The frozen specimens were placed into a freeze dryer equipment (HETO CD8, Thermo Fisher Scientific, Waltham, MA, USA) for 48 h to remove ice at a pressure close to 10 Pa. All green bodies were sintered during 2 h at 1600 • C using 5 • C·min −1 as heating and cooling rates. advantage of these anisotropic porous ceramics is their mechanical properties [13] [14] [15] . It has been shown that for similar porosity levels, freeze cast specimens have higher compressive strengths than isotropic porous ones [16] . Most of the time, uniaxial compression strength is used to characterise the mechanical behaviour of freeze-cast specimens [17] [18] [19] , while some authors have applied simple analytical models for fitting the results [20, 21] . Only a few studies have been carried out on the relationships between structure and mechanical properties [22, 23] and they are mainly focused on the porosity level or the freeze casting parameters, without taking into account the overall characteristics of the specimen. Recently, it has been shown that an adequate way to predict the compressive strength of freeze cast specimens is to use the models developed by Gibson and Ashby [24] . Different Gibson and Ashby models such as closed, open, and honeycomb cells have been considered and it has been shown that the best description of the experimental results is given by the honeycomb out-of-plane model [25] .
This work aims at establishing the relation between the porosity and the compressive strength for freeze cast anisotropic porous alumina ceramics. In a previous work, it has been assumed that a porosity gradient through the specimen might impact the porous ceramic characteristics [26] . Indeed, a ceramic/metal composite processed from a freeze cast porous preform exhibits a variation of the thermal conductivity through the specimen height, which can be explained by a modification of the metal volume fraction induced by a porosity gradient. This characteristic was studied in this work and was linked with the strain behaviour of freeze cast specimens during compressive strength determination. An analytical model based on Gibson and Ashby, taking into account the macro and micro porosity, [27] was used and adapted as a function of the characteristics of the deformation behaviour.
Alumina slurries with various powder and binder contents were prepared in deionized water with a small amount of ammonium polymethacrylate anionic dispersant (Dolapix CE64, from Zschimmer and Schwarz, Germany). Alumina powder (d50 ~0.4 µm, specific surface area = 8 m²·g −1 , Rio Tinto Alcan, Brazil) contents ranging from 28 to 33 vol. % were used. These contents were below the breakthrough concentration, which is around 56 vol. % [28] . Slurries were ball milled for 24 h with alumina balls. After ball removing, polyethylene glycol (Mw = 1000 mol·g −1 , from Merck, Germany) was added (0 < wt. % < 6) as binder.
The mixed slurries were poured into a cylindrical TEFLON mould (30 mm inner diameter and 50 mm long) and placed on a freezing device. The mould was partially filled in order to avoid remelting issues. Slow cooling rates of 1 °C·min −1 or 5 °C·min −1 were used with this device. A schematic illustration of the equipment is shown in Figure 1 . For the rapid cooling rate of 20 °C·min −1 , a classic device [29, 30] was used with liquid nitrogen as cooling liquid. The frozen specimens were placed into a freeze dryer equipment (HETO CD8, Thermo Fisher Scientific, Waltham, MA, USA) for 48 h to remove ice at a pressure close to 10 Pa. All green bodies were sintered during 2 h at 1600 °C using 5 °C·min −1 as heating and cooling rates. Figure 1 . Schematic of the freeze casting device [26] .
Nitrogen flow
Regulation system using nitrogen flow control by an electrovalve Figure 1 . Schematic of the freeze casting device [26] .
In order to understand the macroscopic properties of the specimens, two types of pores had to be considered. Figure 2 illustrates the structure of a specimen, perpendicular to the freezing direction. One can distinguish "large" macropores resulting from ice crystals and micropores within the ceramic walls. In order to understand the macroscopic properties of the specimens, two types of pores had to be considered. Figure 2 illustrates the structure of a specimen, perpendicular to the freezing direction. One can distinguish "large" macropores resulting from ice crystals and micropores within the ceramic walls. Total porosity, p, the apparent density and bulk density were determined using Archimedes' method. Distilled water was used as the liquid medium. Porous specimens were kept under vacuum during 2 h and filled with the water (under vacuum). The vacuum was kept during 2 h after water addition in order to be sure that all the specimens were filled by the water. The total porosity was calculated using the apparent density and the theorical alumina density of 3.97 g·cm −3 . Bulk density was characterised to be sure that the all the porosity was open or the closed porosity was very low.
The micropore volume fraction in the ceramic walls, or wall microporosity, was evaluated from the measurement of acoustic wave velocity in the specimens [26] . The measurement principle assumed that the ceramic walls act as a wave guide. Consequently, the velocity measured on the specimen is only function of the microporosity in the wall (Figure 2 ). It must be noted that the volume fraction, pµ, so determined, is relative to the ceramic walls and not to the whole specimen. To determine the microporosity faction pM, relative to the whole specimen, one must take into account the total porosity p.
The acoustic wave velocity was measured by mean of two transducers of nominal frequency 250 kHz (Ultrasonic tester, Brutsaert, Belgium). The transducers were placed on opposite sides of the specimens with soft paraffin as coupling agent.
Determination of the micropores volume fraction, pµ, from the wave velocity required the use of a calibration curve (Figure 3 ). This curve was obtained using reference alumina specimens prepared by pressing and partial sintering at temperatures ranging from 1000 to 1600 °C, covering a porosity range from 0 to 35%. For each temperature, three specimens were tested and for each specimen, measurement was repeated six times. Total porosity, p, the apparent density and bulk density were determined using Archimedes' method. Distilled water was used as the liquid medium. Porous specimens were kept under vacuum during 2 h and filled with the water (under vacuum). The vacuum was kept during 2 h after water addition in order to be sure that all the specimens were filled by the water. The total porosity was calculated using the apparent density and the theorical alumina density of 3.97 g·cm −3 . Bulk density was characterised to be sure that the all the porosity was open or the closed porosity was very low.
The micropore volume fraction in the ceramic walls, or wall microporosity, was evaluated from the measurement of acoustic wave velocity in the specimens [26] . The measurement principle assumed that the ceramic walls act as a wave guide. Consequently, the velocity measured on the specimen is only function of the microporosity in the wall (Figure 2 ). It must be noted that the volume fraction, p µ , so determined, is relative to the ceramic walls and not to the whole specimen. To determine the microporosity faction p M , relative to the whole specimen, one must take into account the total porosity p.
Determination of the micropores volume fraction, p u , from the wave velocity required the use of a calibration curve (Figure 3 ). This curve was obtained using reference alumina specimens prepared by pressing and partial sintering at temperatures ranging from 1000 to 1600 • C, covering a porosity range from 0 to 35%. For each temperature, three specimens were tested and for each specimen, measurement was repeated six times.
The size of the macropores was measured using image analysis of scanning electron microscopy (SEM, JEOL JSM 5900 LV, Tokyo, Japan) micrographs. For each specimen, 15 micrographs and more than 150 pores were investigated (magnification: ×90). The analysis was performed on a cross section at a depth of 2 mm from the specimen's upper surface (last frozen part). Freezing may cause porosity gradients, along and transversally to the freezing axis. These gradients were characterized on a 4 mm thick axial slices of the specimens ( Figure 3A ) by X-ray radiography, HMX CT (X-TEK-NIKON, Tokyo, Japan). Three slices were analyzed for each freezing condition. The principle of the density measurement was based on the Beer-Lambert law (Equation (2)):
where I 0 is the radiant flux intensity received by the specimen, I is the radiant flux intensity transmitted by the specimen, µ ρ is the mass absorption coefficient, ρ is the specimen density, and x its thickness. On an X-ray image of a specimen, the intensity I i received at a point is transcribed by a grey level N i , following Equation (3):
where N ∞ is the grey level without X-ray (black). By substitution of intensity by grey level in Equation (3), we obtain:
where N and N 0 are the grey level with a specimen and without a specimen (white) respectively. In the first step, the average grey level of the slice, N, was measured. It corresponded to the average density, ρ, of the whole slice. Both are linked by the equation (Equation (5)):
In the second step, local grey level, N l , was measured on an area of 0.5 by 0.5 mm, every 1 mm along the z direction and at three different y positions ( Figure 4B ). Note that, as SEM images will further show, the volume analysed (0.5 × 0.5 × 4 mm 3 ) was large enough to be considered as homogeneous with respect to the pore size. The grey level, N l , was linked to the local density, ρ l , by the equation (Equation (6)):
homogeneous with respect to the pore size. The grey level, , was linked to the local density, , by the equation (Equation (6)): From Equations (4) and (5), the local density is given by Equation (7):
Note that the mass absorption coefficient was considered as to be the same for Equations (5) and (6) . Its value was determined from a calibration curve giving its evolution as a function of the mass thickness ρ*x ( Figure 5 ). Uniaxial compression tests were used to analyse the deformation and fracture behaviour of the freeze cast porous ceramics. The surface of the specimens was softly grounded in order to obtain solid cylinders with parallel ends. The specimen dimensions were 25 mm diameter and 21 mm height. Compression tests were carried out parallel to the freezing direction of the specimens using an Instron test machine 1114 (Instron, Norwood, MA, USA), with a crosshead speed of 0. From Equations (4) and (5), the local density is given by Equation (7):
Note that the mass absorption coefficient µ ρ was considered as to be the same for Equations (5) and (6) . Its value was determined from a calibration curve giving its evolution as a function of the mass thickness ρ*x ( Figure 5 ).
Note that the mass absorption coefficient was considered as to be the same for Equations (5) and (6) . Its value was determined from a calibration curve giving its evolution as a function of the mass thickness ρ*x ( Figure 5 ). Uniaxial compression tests were used to analyse the deformation and fracture behaviour of the freeze cast porous ceramics. The surface of the specimens was softly grounded in order to obtain solid cylinders with parallel ends. The specimen dimensions were 25 mm diameter and 21 mm height. Compression tests were carried out parallel to the freezing direction of the specimens using an Instron test machine 1114 (Instron, Norwood, MA, USA), with a crosshead speed of 0.5 mm·min −1 . Three specimens were tested for each material Uniaxial compression tests were used to analyse the deformation and fracture behaviour of the freeze cast porous ceramics. The surface of the specimens was softly grounded in order to obtain solid cylinders with parallel ends. The specimen dimensions were 25 mm diameter and 21 mm height. Compression tests were carried out parallel to the freezing direction of the specimens using an Instron test machine 1114 (Instron, Norwood, MA, USA), with a crosshead speed of 0.5 mm·min −1 . Three specimens were tested for each material. The results are presented to show the average values and errors are the standard deviations. Engineering elastic modulus was determined using the slope of the curve after correction for the compliance of the machine and the loading supports. This last fact was determined using a dense alumina specimen of the same dimensions as the porous specimen. Macro-and microscopic analyses were carried out on the mechanical test specimens in order to determine the relation between structure and compressive behaviour. After the compressive tests, the complete specimens were embedded in resin under vacuum before cutting and polishing them for post mortem analyses by SEM analysis. Table 1 summarises the main material characteristics as a function of processing parameters. Figure 6 shows the typical structure of the freeze cast specimens. Cross sections parallel to the freezing direction ( Figure 6A-D) illustrate two different structures depending on binder content. Without a binder, cracks perpendicular to the freezing direction were present ( Figure 6A ), as previously described by other authors [31] . This phenomenon was explained by the instability of the freezing front during the freezing process [32] . The addition of just a small quantity of binder leads to obtaining a structure without cracks ( Figure 6B ). In all cases, a lamellar morphology was kept. Results revealed that finer lamellae were obtained by increasing freezing rate, as indicated by other authors [29, 33, 34] . and errors are the standard deviations. Engineering elastic modulus was determined using the slope of the curve after correction for the compliance of the machine and the loading supports. This last fact was determined using a dense alumina specimen of the same dimensions as the porous specimen. Macro-and microscopic analyses were carried out on the mechanical test specimens in order to determine the relation between structure and compressive behaviour. After the compressive tests, the complete specimens were embedded in resin under vacuum before cutting and polishing them for post mortem analyses by SEM analysis. Table 1 summarises the main material characteristics as a function of processing parameters. Figure 6 shows the typical structure of the freeze cast specimens. Cross sections parallel to the freezing direction ( Figure 6A-D) illustrate two different structures depending on binder content. Without a binder, cracks perpendicular to the freezing direction were present ( Figure 6A ), as previously described by other authors [31] . This phenomenon was explained by the instability of the freezing front during the freezing process [32] . The addition of just a small quantity of binder leads to obtaining a structure without cracks ( Figure 6B) . In all cases, a lamellar morphology was kept. Results revealed that finer lamellae were obtained by increasing freezing rate, as indicated by other authors [29, 33, 34] . Cross sections perpendicular to the freezing direction ( Figure 6E-H) show the typical elliptical pore morphology [35] characterised by minor and major axes. For both, freezing rate had a strong impact; changes in the minor and major axis from 40 to 6 µm and from 300 to 13 µm, respectively, were found for the freezing rates employed (Table 1) . Other parameters (powder and binder contents) had a limited impact on the minor axis but its increase led to a reduction of the major axis, as discussed by different authors [34, 36] .
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Results
Microstructure
The parameter having the largest impact on the total porosity level was the powder content [10] (Table 1) , as observed by several authors in different systems: alumina [9] , zirconia [37] , hydroxyapatite [22] , etc. Porosity level decreased from 57 to 40% when the powder content increased from 28 to 33 vol. %. This variation can be explained because the porosity was the replica of the frozen water during the process of sublimation and the increase of powder content resulted in a decrease in the water content [38] . Figure 7 shows stress-strain behaviour of the freeze cast specimens tested in compression with the load parallel to the freezing direction. The specimens processed without binder presented very low mechanical properties and a different behaviour regarding the other specimens where the same tendancies were observed. Indeed, a similar behaviour was also observed previously by H. Lu et al. [16] . Three domains can be observed in the curve: an initial linear region up to a failure, followed by a sharp decrease and subsequent increase up to a failure region in which significant strain occurred. However, more specific behaviours were identified as the function of processing parameters. When the powder content was higher, at 33 vol. %, the failure region was short and the increase was not significant, indeed a short plateau region was observed after the failure, which might correspond to the decreased porosity effect. In the case of specimen processed with 6 wt. % binder, the behaviour changed after the failure where an important increase of the stress was observed and located in the failure region. This important modification led to the assumption that an important modification of the microstructure when high binder content was used. In the literature, some authors have linked Cross sections perpendicular to the freezing direction ( Figure 6E-H) show the typical elliptical pore morphology [35] characterised by minor and major axes. For both, freezing rate had a strong impact; changes in the minor and major axis from 40 to 6 µm and from 300 to 13 µm, respectively, were found for the freezing rates employed (Table 1) . Other parameters (powder and binder contents) had a limited impact on the minor axis but its increase led to a reduction of the major axis, as discussed by different authors [34, 36] .
Mechanical Characterisation
The parameter having the largest impact on the total porosity level was the powder content [10] (Table 1) , as observed by several authors in different systems: alumina [9] , zirconia [37] , hydroxyapatite [22] , etc. Porosity level decreased from 57 to 40% when the powder content increased from 28 to 33 vol. %. This variation can be explained because the porosity was the replica of the frozen water during the process of sublimation and the increase of powder content resulted in a decrease in the water content [38] . Figure 7 shows stress-strain behaviour of the freeze cast specimens tested in compression with the load parallel to the freezing direction. The specimens processed without binder presented very low mechanical properties and a different behaviour regarding the other specimens where the same tendancies were observed. Indeed, a similar behaviour was also observed previously by H. Lu et al. [16] . Three domains can be observed in the curve: an initial linear region up to a failure, followed by a sharp decrease and subsequent increase up to a failure region in which significant strain occurred. However, more specific behaviours were identified as the function of processing parameters. When the powder content was higher, at 33 vol. %, the failure region was short and the increase was not significant, indeed a short plateau region was observed after the failure, which might correspond to the decreased porosity effect. In the case of specimen processed with 6 wt. % binder, the behaviour changed after the failure where an important increase of the stress was observed and located in the failure region. This important modification led to the assumption that an important modification of the microstructure when high binder content was used. In the literature, some authors have linked the increase of binder content and the formation of "bridges" [36, 39] , which might improve the mechanical strength and explain the modification of the behaviour. the increase of binder content and the formation of "bridges" [36, 39] , which might improve the mechanical strength and explain the modification of the behaviour. Figure 7 . Stress measurement of anisotropic porous alumina specimen processed at different parameters. Figure 8 shows the macroscopic aspect after testing of processed specimens. Only the region of the specimen corresponding to the last frozen volume was damaged during the test. A trapezoidal macroscopic deformation was obtained and it shows that the specimens deform differently along their height. Figure 8 . Image of porous alumina specimen during compressive test. The dark arrows represent the freezing direction during the freeze casting. Figure 9 shows the typical structure of a freeze cast specimen after the compression test. The cross section parallel to the freezing direction shows the lamellae deformation and rupture. As revealed in Figure 8 , for the macroscopic deformation, only the top part of the specimens, corresponding to the last frozen region, were modified by the compression test and was totally damaged ( Figure 9A,B) after testing. Figure 8 shows the macroscopic aspect after testing of processed specimens. Only the region of the specimen corresponding to the last frozen volume was damaged during the test. A trapezoidal macroscopic deformation was obtained and it shows that the specimens deform differently along their height.
Ceramics 2018, 1, x FOR PEER REVIEW 8 of 15 the increase of binder content and the formation of "bridges" [36, 39] , which might improve the mechanical strength and explain the modification of the behaviour. Figure 8 shows the macroscopic aspect after testing of processed specimens. Only the region of the specimen corresponding to the last frozen volume was damaged during the test. A trapezoidal macroscopic deformation was obtained and it shows that the specimens deform differently along their height. Figure 9 shows the typical structure of a freeze cast specimen after the compression test. The cross section parallel to the freezing direction shows the lamellae deformation and rupture. As revealed in Figure 8 , for the macroscopic deformation, only the top part of the specimens, corresponding to the last frozen region, were modified by the compression test and was totally damaged (Figure 9A,B) after testing. Figure 9 shows the typical structure of a freeze cast specimen after the compression test. The cross section parallel to the freezing direction shows the lamellae deformation and rupture. As revealed in Figure 8 , for the macroscopic deformation, only the top part of the specimens, corresponding to the last frozen region, were modified by the compression test and was totally damaged ( Figure 9A,B) after testing. The lamellae presented two different modifications: displacement and fracture, as highlighted by the black arrows in Figure 8 . The displacement of the lamellae ( Figure 9A ) was perpendicular to the load direction during the test. Deformation of the lamellae before fracture ( Figure 9B ) was similar to that of specimens characterised by 3-point bending tests, with a "S" shape.
Values of the compressive strength and apparent elastic modulus are summarized in Table 2 . They ranged from 6 to 111 MPa for the compressive strength and from 0.2 to 14 GPa for the apparent elastic modulus depending, in particular, on two significant process parameters: binder content and freezing rate. Indeed, the addition of 3 wt. % of binder led to a compressive strength value 9 times higher than binder-free specimens and an elastic modulus value 15 times higher than binder free specimens, due to the elimination of cracks. The highest compressive strength was obtained at the highest freezing rate, which means that the pore size had a major impact on the compressive strength, because the total porosity level was not modified. It was also observed that mechanical characteristics were improved by increasing powder content in slurry, which resulted in a decrease of the total porosity level. Table 2 . Mechanical properties of anisotropic porous alumina as a function of processing parameters.
Specimen Apparent Compressive Strength (MPa) Apparent Elastic Modulus (GPa)
28/0/1 6 ± 1 0.2 ± 0.1 28/3/1 56 ± 9 3 ± 1 28/3/5 55 ± 3 2 ± 1 28/3/20 111 ± 9 6 ± 1 28/6/1 88 ± 8 7 ± 2 33/3/1 80 ± 5 14 ± 1 Figure 10 presents the porosity gradient of a specimen processed at a freezing rate of 1 °C/min with a slurry content of 28 vol. % alumina and 3 wt. % binder, as a function of specimen height. The porosity seemed to be similar perpendicular to the freezing direction (along y axis). However, a variation of the porosity level through the specimen height (z axis) was clearly observed. This can be The lamellae presented two different modifications: displacement and fracture, as highlighted by the black arrows in Figure 8 . The displacement of the lamellae ( Figure 9A ) was perpendicular to the load direction during the test. Deformation of the lamellae before fracture ( Figure 9B ) was similar to that of specimens characterised by 3-point bending tests, with a "S" shape.
Values of the compressive strength and apparent elastic modulus are summarized in Table 2 . They ranged from 6 to 111 MPa for the compressive strength and from 0.2 to 14 GPa for the apparent elastic modulus depending, in particular, on two significant process parameters: binder content and freezing rate. Indeed, the addition of 3 wt. % of binder led to a compressive strength value 9 times higher than binder-free specimens and an elastic modulus value 15 times higher than binder free specimens, due to the elimination of cracks. The highest compressive strength was obtained at the highest freezing rate, which means that the pore size had a major impact on the compressive strength, because the total porosity level was not modified. It was also observed that mechanical characteristics were improved by increasing powder content in slurry, which resulted in a decrease of the total porosity level. Figure 10 presents the porosity gradient of a specimen processed at a freezing rate of 1 • C/min with a slurry content of 28 vol. % alumina and 3 wt. % binder, as a function of specimen height. The porosity seemed to be similar perpendicular to the freezing direction (along y axis). However, a variation of the porosity level through the specimen height (z axis) was clearly observed. This can be divided in three zones. Porosity level was relatively low at the bottom part of the specimen, with an initial value of about 30% (zone 1). The overall specimen, between 5 and 19 mm, exhibited a slight change of the porosity level from around 50 to 53% (zone 2). At the top part, the porosity level was higher, reaching a value of about 70% (zone 3).
Ceramics 2018, 1, x FOR PEER REVIEW 10 of 15 divided in three zones. Porosity level was relatively low at the bottom part of the specimen, with an initial value of about 30% (zone 1). The overall specimen, between 5 and 19 mm, exhibited a slight change of the porosity level from around 50 to 53% (zone 2). At the top part, the porosity level was higher, reaching a value of about 70% (zone 3). Figure 10 . Porosity gradient measurement along z axis of a specimen: slurry containing 28 vol. % alumina + 3 wt. % binder and frozen at 1 K/min.
Discussion
Deformation Behaviour
The compression behaviour can be described in four steps as shown in Figure 11 . During the first stage, no macroscopic damage was observed, the lamellae would shrink in the direction of loading ( Figure 11A ). When the applied load increased, the lamellae experienced flexure ( Figure 11B ) until their fracture ( Figure 11C ). This is related to the lamellae shape observed by SEM after the compression test. Indeed, the lamellae of the top part were broken during the test with an "S" shape as shown in Figure 9B . Finally, lamellae fragments could fill the adjacent porosity which allowed the structure to be pushed towards the adjacent surfaces ( Figure 11D ). 
Discussion
Deformation Behaviour
The compression behaviour can be described in four steps as shown in Figure 11 . During the first stage, no macroscopic damage was observed, the lamellae would shrink in the direction of loading ( Figure 11A ). When the applied load increased, the lamellae experienced flexure ( Figure 11B ) until their fracture ( Figure 11C ). This is related to the lamellae shape observed by SEM after the compression test. Indeed, the lamellae of the top part were broken during the test with an "S" shape as shown in Figure 9B . Finally, lamellae fragments could fill the adjacent porosity which allowed the structure to be pushed towards the adjacent surfaces ( Figure 11D ).
This behaviour can be explained by a porosity gradient from top to bottom through the structure, with a denser part at the bottom and more porous at the top. In order to verify this assumption, the porosity level was assessed through the specimens using X-ray radiography. Figure 12 presents the average of all measurements (Y1, Y2 and Y3) for specimens obtained under different processing parameters. All the specimens exhibited the same behaviour as explained previously for the specimen processed from an alumina slurry with a powder content of 28 vol. % and a binder content of 3 wt. % at a freezing rate of 1 • C/min. The porosity gradient can be explained by the study performed by Deville et al. [40] during the first stage of freezing. Indeed, the denser part of the specimen may correspond to the cellular morphology (isotropic porous part) produced at the first stage of freezing with a fast and stable freezing front. Zone 2 (only a small variation in porosity level) corresponded to the metastable region where the anisotropic structure was obtained.
first stage, no macroscopic damage was observed, the lamellae would shrink in the direction of loading ( Figure 11A) . When the applied load increased, the lamellae experienced flexure ( Figure 11B ) until their fracture ( Figure 11C ). This is related to the lamellae shape observed by SEM after the compression test. Indeed, the lamellae of the top part were broken during the test with an "S" shape as shown in Figure 9B . Finally, lamellae fragments could fill the adjacent porosity which allowed the structure to be pushed towards the adjacent surfaces ( Figure 11D ). further increase of the load, lamellae pieces filled the pore and push the other lamellae to obtain a trapezoidal shape (D).
This behaviour can be explained by a porosity gradient from top to bottom through the structure, with a denser part at the bottom and more porous at the top. In order to verify this assumption, the porosity level was assessed through the specimens using X-ray radiography. Figure 12 presents the average of all measurements (Y1, Y2 and Y3) for specimens obtained under different processing parameters. All the specimens exhibited the same behaviour as explained previously for the specimen processed from an alumina slurry with a powder content of 28 vol. % and a binder content of 3 wt. % at a freezing rate of 1 °C/min. The porosity gradient can be explained by the study performed by Deville et al. [40] during the first stage of freezing. Indeed, the denser part of the specimen may correspond to the cellular morphology (isotropic porous part) produced at the first stage of freezing with a fast and stable freezing front. Zone 2 (only a small variation in porosity level) corresponded to the metastable region where the anisotropic structure was obtained. At the top part, because of the previous step (larger consumption of powder), there was a depletion of the powder content, which led to the formation of a more porous part. These analyses confirmed this assumption and explained the deformation behaviour of the specimen: the top part of the specimen was more porous and the local mechanical properties were lower, which induced the trapezoidal deformation observed during the final stage of the mechanical tests.
The relation between the structure of a porous material and its associate mechanical properties is not easy to determine, particularly in the case of anisotropic porous ceramics processed by freeze casting. A simple exponential model is usually used to describe the relation between compressive strength and porosity level [21] but does not allow an explanation for all the observations. Indeed, in the case of a specimen processed without binder, even if the porosity level is slightly higher (by about 2%), the use of this kind of model is not recommended because of the cracks (perpendicular to the freezing direction), which dramatically decrease the compressive strength. Another analytical model At the top part, because of the previous step (larger consumption of powder), there was a depletion of the powder content, which led to the formation of a more porous part. These analyses confirmed this assumption and explained the deformation behaviour of the specimen: the top part of the specimen was more porous and the local mechanical properties were lower, which induced the trapezoidal deformation observed during the final stage of the mechanical tests.
The relation between the structure of a porous material and its associate mechanical properties is not easy to determine, particularly in the case of anisotropic porous ceramics processed by freeze casting. A simple exponential model is usually used to describe the relation between compressive strength and porosity level [21] but does not allow an explanation for all the observations. Indeed, in the case of a specimen processed without binder, even if the porosity level is slightly higher (by about 2%), the use of this kind of model is not recommended because of the cracks (perpendicular to the freezing direction), which dramatically decrease the compressive strength. Another analytical model taking into account the porosity of the lamellae, called "micro porosity", was proposed [27] , using Equation (8) to calculate the compressive strength.
where p and p M are the total and the micro porosity, respectively, C 1 is a constant determined experimentally with a value of 0.23, σ and σ 0 are the compressive strength of the porous specimen, and the dense material of 3 GPa, respectively. The wall microporosity was determined using an acoustic technique on specimens with binder, because the presence of cracks does not allow the use of the acoustic technique for determining the microporosity for specimens processed without binder. Results are summarized in Table 3 for specimens processed from alumina slurries containing from 28 to 33 vol. % of powder and with a constant binder content of 3 wt. % and the same freezing rate of 1 • C/min to avoid pore size and bridge size effect issues. This way, only the macro and micro porosity were taken into account. Table 3 . Wall microporosity and microporosity of anisotropic porous alumina as a function of powder content.
Specimen
Wall Porosity P µ (%) Microporosity P M (%) The analytical model (Equation (8)) was applied. However, the calculated compressive strengths were unexpectedly very high, from 600 to 800 MPa, ten times more than experimental values. Considering the strain behaviour observed and the assumption made previously about the "S" shaped deformation of the lamellae, Equation (8) can be modified by the replacement of the compressive strength of a dense material by the flexural strength. By this way, Equation (9) is obtained:
(1 − p M )
where σ f 0 is the flexural strength of the dense material of 300 MPa. The analytical model was applied and the results are plotted in Figure 13 . In that case, the calculated and experimental values fit much better than with the compressive strength of dense alumina. The above discussion shows that the cylindrical porous specimens processed by freeze casting studied in this work did not present the characteristic stress-strain behaviour under compression shown by porous materials. When these specimens were loaded parallel to the freezing direction, the lamellae bent in the direction perpendicular to the load and the strength of the specimen was determined when the fracture occurs.
1 Figure 13 . Compressive strength of porous anisotropic alumina as a function of the porosity level.
Comparison of experimental and analytical values for the specimens characterised in Table 3 .
Conclusions
Freeze casting by ice templating was used to process porous alumina exhibiting a unidirectional porous structure. The specimens had an overall porosity level from 40 to 57%, depending on powder content. The pore size ranged from 6 µm to 42 µm for the minor and 13 µm to 300 µm for the major axis, which depended on freezing rate and powder and binder contents. The freeze cast specimen presented a compressive strength ranging from 6 MPa to 111 MPa and an apparent elastic modulus ranging from 0.2 GPa to 14 GPa, depending on processing parameters.
The mechanical study of freeze cast anisotropic ceramic showed that such a structure exhibits a non-classic strain. A macroscopic trapezoidal strain of the specimen was observed during the compressive test depending on two phenomena: -A porosity gradient through the height of the specimen of about 40% between the bottom and top part of the specimen, which was determined by X-ray radiography. -
The flexural rupture mode of the lamellae during the compressive test.
An analytical model based on a Gibson and Ashby relation was used to predict the compressive strength of anisotropic porous alumina. Considering the flexural rupture mode of the lamellae, the analytical model was adapted using the theoretical flexural strength value instead of the compressive strength of dense alumina. While only the change of the porosity level was taken into account, it was observed that the structure can be modified in terms of pore size, bridges, etc. Therefore, the analytical model used in this work should allow such structural modification to be taken into account. Funding: This research received no external funding.
